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Abstract: Calculating the distance of a star from Earth using stellar parallax makes sense only in two cases. In
the first case, this is possible if the object we are observing is stationary in relation to the Sun and in the second case
if the measurements are made simultaneously, but from two different locations. We will consider the case when the
star moves uniformly with respect to the Sun. By measuring the Doppler effect at three different points, we will be
able to determine the speed of light emitted from the star in the direction of the observer, the velocities at which the
star and Sun move regarding the referential coordinate system and finally we will calculate the distance between the

star and the observer.
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1. Introduction

Suppose that the sender S and receiver A of the signal move uniformly at velocities u and v, respectively regarding

to the coordinate system (K).

z (K)

X

Figure 1: The sender S and the observer A move uniformly with respect to the coordinate system (K)

Referring to Fig[1] we have that:
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a=[ag,ay,a;]

u = [Ug, Uy, Us]
V = [Ug, Uy, V3]
Up =& U= Qg Uy + Ay Uy + Ay Uy

Vp =@V =0z Vg + Gy Vy + A U,

The positive direction is directed from the observer toward the sender.

If ||v]|< ¢ and ||u||< ¢, then Doppler equation [1] can be written as it follows:

c+ v, ct+a-v

[
F= c+ up c+a-u !
where
f - the frequency of the emitted light
f' - the frequency of the observed light
c - the speed of light
From the equation (6) it follows that:
c+a-u= %(c—i—avv)
o
a-u= ff/f c—l—%a-v
_ I
Og Uz + Gy Uy + Az Uy = %c—f— %a~v

2.

The heliocentric coordinate system as a referential coordinate system

Suppose that the observed star Z is moving with a uniform, rectilinear space motion noted by u regarding the

coordinate system (K) Fig[2].

We will assume that the observed object belongs to the Milky Way Galaxy. Let us

denote by 74 the time when the signal was sent from the point noted by Z; and by ¢4 the time when the signal is

registered at point noted by A. We assume that 74 and t4 are expressed in the same units of time. The unit vector

of the direction AZ; is denoted by a. In an analogous way, we will define triples (75,tp,b) and (7¢, tc, €) for pairs of

points (B, Z3) and (C, Z3), respectively.
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Figure 2: Star Z moves uniformly regarding the sun.

Coordinate system (K) is heliocentric ecliptic coordinate system. Coordinate axes are determined in accordance

with the ICRS standard. Referring to Fig[2] we have that:

dy = ||AZ|| (10)
dy = ||BZs|| (11)
ds = ||CZs]| (12)
A =O0A = [4,,4,,A.] (13)
B = OB = [B,, B,, B.] (14)
C=0C =[C,,C,,C.] (15)

R AZ,
A= |Qg, Ay, 0| = 16
R I VA (o

R BZ,
b = |bs,by,b;] = —5— 17
o by b = 1z 4o

. CZ;
C=lca,0y,C] = 7o 18
lear ey ¢ = T1Ez,] s

3. The coordinate system that is stationary with respect to the

Galactic Center

By definition, the origin of the IC RS coordinate system is at the barycenter of the Solar System. This means that in
our calculations the velocity, denoted by V, at which the solar system is moving relative to the Galactic Center has
been omitted. In order to include the velocity V in our calculations, we will assume that the origin of the referential
coordinate system, denoted by (K’), is stationary in relation to the Galactic Center. At one moment, which we can
mark as some initial time Tj, the coordinate system (K”) is identical to (K), after which (K’) remains fixed in relation

to the Galactic Center, while (K) together with the Solar system, continues to move at velocity V in relation to the
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to the Galactic Center. We do not yet know the true value of the V, but we can take any V so that the inequality
(20) holds:

V = [V,,V,, Vi] (19)
IVI[< M (20)

where M is some previously given positive number

Let’s us denote with A’, B’ and C’ the points from the coordinate system (K’) that correspond to the points
A, B and C from the coordinate system (K).

A =[A AL A=A +taV (21)
B =[B,,B,,B]=B+tpV (22)
C'=1C;,Cy,Cll=C+icV (23)

Let us denote by v/, viz and v the velocities with which the points A’, B’ and C’ move in relation to the

coordinate system (K).

vii=va+V (24)
vg=vp+V (25)
V/CZVC-i-V (26)

Let f denotes the frequency of the emitted light at points Z1, Zy and Z3 respectively. Let fa, fg and f4 denote
the frequencies of the observed light at points A’, B’ and C”’ respectively. Let v/y, vig and v denote the velocities of
the observed light at points A’, B’ and C’ respectively regarding to the coordinate system (K').

From (9) it follows that:

axux—l—ayuy—kazuzzf_fAC—i—ié-Vig (27)
fa fa

bqu—Fbyuy-i-szZ:f_fBC-i-iB'V/B (28)
/B IB

c$u$+cyuy+czuz=f_fcc—l—iﬁvlc (29)
fc fc

We have obtained a linear system of three equations with three unknowns wu,, u, and u..

xr T
_ i - /e
Uy, =cU,+Ul = %c—kf—Bb-vg by ¢|=c|HE b, chrf—Bb vig b, ¢ (31)
f—fc
f;chcC_FfiCé.v’c b, ¢, fc b: ¢ ficé V/C b, c,
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f—fa f A / f A /
a =2 cH+ —a-v C _ a —a-v c
/ " ) ff; ff‘A . ) e ffZA o ) fflA A )
_ ’ — /
Uy=cU,+U, = |ay f—BBc—i—f—Bb-vB eyl =c lay ff% cy| t |ay f—Bb-vB cy
f—fc
o Glecrdevs of 1% El e Lo o
_ I . I .
to b Dok pANAL Ly | [t b FAYR
- e iy I e
U,=cU,+U!=la, by %C‘ng'vﬁ =cla, b, %—i—ay by f—Bb-vf3
f=fc
fte o ooy a; b Loy
a, b, = c+fcc Ve fc a, b, fcc A
U, cU.+UY
YUy —= — == ———
N U U
/ "
" _&:cUy—i-Uy
Yo U U
U, cU,+U/
v, =—-—- = —
z U U

(33)

(34)
(35)

(36)

In order to calculate the three unknowns u,, u, and u., we first need to determine the speed of light c. We have

the following equations:

tap =1tp —ta

A'B'=[B, - A, B, ~ A, B, — A!]

A'B' = AB +tapV =[(By — A2) + tap Va, (B, — A)) + tap Vy, (B. — A.) + tap V2]
717y = —dia+ A'B +dyb

AT=7—Ta

717, =ATu

dia—dyb+ATu=A'B

dlax—dgbw—I—ATuz:B;—A;
dlay—dgby—l—ATuy:B;—A;
dlaz—deZ+ATuz:B/z—A/z

We have obtained a linear system of three equations with three unknowns d;, ds and 7.

Qg _bx Uy Qg _bz % Qg _bz Uﬁ; Qg _bz

abD = (c)abD' + abD" = |a, —b, wuy|=|a, —b, Uty | = ¢ ay, —by % +lay, —by
a, —b, wu, a, —b, % a, —b, % a, —b,

B.— AL —by ug B, —A, —b, 2| |B-4A, b,

abD;y = (¢) abDy + abDy = B, — A, —b, u,|=c B, — A, —b, % +|B, — Al —b,
BL— AL —b, u, B, - A, —b. %= |BL-A, b,
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AB. dy =
a, Bl —A,
abDy = (c) abD5 + abDy = |a,, Bj — A,
a, B.L—A,

AB_dy =

(¢) abD} + abDY

(¢) abD' + abD"

Ug a; B
— /
uy| =¢|ay B,

Uy a, B,

(¢) abD} + abD}

(¢) abD' + abD"

— A
- Al
A

ax —b, Bl — Al

abDr =|ay —b, B, —A]

Y

az —b, B.—-A,

ATab =

In a similar way for the direction A’C’ we will get the following equations:

abD.,
(¢) abD' + abD"

/ li
diay —dscy + ATuy, =C, — A,
R Y
diay —dscy + Atuy, =C, — A,
dlaz 7d302+A7uz :C; 7A/z
cU +UY
Ay —Cp Uy Ay —Cp —FF—% Qg
’ 7 cU +U
— — _ — _ Y Y =
acD = (c)acD" +acD" = |a, —c, w, ay —cy 7 € lay
CU/+U//
Ay —Cz Uz az —Cz ZU = Gz
O'/r — A; Cy Uy O'; - A; —Cx
o / "n_ / ’ — / /
acDy = (c)acDy + acDy = |Cy — A} —c, wuy|=c|Cy— A, —c,
! / ! /
C,—A, —c; u, C,—A, —c,

ACdy =
a, CI— Al
acD3 = (¢) acD; + acD3 = |a,, Cj — A,
a, C.—A,

AC ds =

(¢) acD} + acDY

(¢)acD’ 4+ acD"

Uz Qg Ca/c
— !
Uy| = € |ay Cy

Uy a, C.

(¢) acD} + acDY

(¢)acD’ + acD"
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ar —c, C — A,
acD; = |lay —c, C,— A

az —c, CL—Al

acD

A ac = TN .
K (¢) acD' + acD”

For the direction B'C’ we will get the following equations:
doby —dscy + ATu, =C. — B,

dgby—dgcy—‘rATuy:C;—B;
dez—dgcz-FATUZ:C;—B;

by —cp Uy by —cy % by —cu %; by —cg
beD = () beD' +beD" = b, —c, uy|=|b, —c CUyJUy =Clby —cy % Ty oy
b, —c, wu, b, —c, % b, —c, % b, —c,
C' —B. —cy uy c.-B, —, %| |ci-B, —c
U/
beDy = (¢)beDy +beDy = |Gy = B, —ey wy|=c|C, =By —¢, | +|C)=B, —¢
C.—B. —c. u, C,—B., —c. | |C.-B, —c
(¢) beDYy + be DY
BC.dy = ——27 "2
? (¢) beD' + beD”
by C.—B. u, b, C.—B, %| |, c.-B,
U/
beDy = () beDs +beDy = |b, C, — B, uy|=c|b, C,— B o| tlow Cy— By
b, C.—B. u, b. C.-B, % |b. C.-B,
BO.d; — (¢) beDy + beDy

(¢)beD' + be D"

by —c» CL— B
beD- = b, —c, C,—B,
b, —c, CL-B.

beD,

Ampe = ——T
e = (&) beD’ + beD”
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4. The speed of the light regarding the referential coordinate system

First we will determine which of the two coordinate systems (K) or (K') is the referential coordinate system. It follows

from equations (49) and (59) that:

AB_d; = AC_d;

(c)abDy +abDY  (c)acD| + acDY

(c)abD’ +abD”  (c)acD’ + acD"

((¢) abD] + abDY)((c) acD’ + acD") — ((¢) acD} + acDY)((c) abD’' + abD") = 0

abD}  acD)
abD’  acD’

abD}  acD}
abD"  acD"

02+<

abD!  acDY
abD’  acD’

abD! acDY
abD"  acD"

>c+

Ag =

abD}  acDj
abD’  acD’

abD] acD]
abD"  acD"

abD!  acDY
abD’  acD’

0=

abD!  acDY
abD"  acD"

0=

A062+B00+00:0

—By+ /B —44,Cp
1.2 = 2 A,

(79)

(80)
(81)

(82)

Applying the equations (34),(35) and (36) we can easily calculate the u,, u, and u,. Applying the equations
(49),(51) and (53) we can easily calculate the AB_d;, AB_ds and Atg,. We will consider only those cases in which

¢;y, AB_dy, AB_dy and AT, are greater than zero.

ABd
L L AT, (V) =
CAB
AB.d
AT, (V) = 24
CAB

Atgy, =tp —ta
AB _d,

CAB

ATab -

+ AT

AB_dy
CAB

e(V) = [Atap — AT (V)

We will define €, in the following way:

€ap = min{|e(V), [[V][< M}

(87)

If £4p is much smaller compared to At,p, then we can determine approximate values for V and ¢, which we will denote

by V,; and ¢;. But if this is not the case, then one of the possible reasons why the inequality (87) is not satisfied is

that the observed star does not move uniformly in relation to the Sun. Repeating the same procedure for each star,

we will get two sequences of numbers which we will denote by V and C.
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V={V,}, (i=1.n) (88)
C={c}, (i=1.n) (89)

We will determine the arithmetic mean V and the standard deviation o for the sequence of numbers V.

1 n
v=-NvV,
- 2_; (90)

o= %Z(V—Vi)2 (91)

i=1
If the standard deviation o is less than some given positive number and ||V|| >> My then we will say that V is
the velocity with which the solar system moves in relation to the Galactic center and the (K’) is referential coordinate
system. If || V|| << M, then we will say that the (K) is referential coordinate system. The M is some positive number.
We will determine the arithmetic mean ¢ and the standard deviation o for the sequence of numbers C.

1 n
— 1%, 92

(93)

If the standard deviation o is less than some given positive number, then we can conclude that the speed of light

is constant.

5. Discussion

The author was not able to test this model using real data. But we tested this model by simulating reality using a
computer program. If we assume that the unit with which we measure the speed is equal to [km/sec], then in order
to obtain satisfactory approximate values for ¢ it is necessary that the increment by which we change the values of
the components V,,V, and V; is less than 1. Once we have established the value for the velocity V, then it is obvious

that it is no longer necessary to repeat each step, which simplifies the procedure.
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